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Abstract
The electric spark caused by pantograph‐catenary (PC) electrical contact failure happens
frequently, it is a kind of arcing phenomenon which can severely affect the current
collection of PC. The theoretical analysis and modelling of PC electric spark are tried. First,
the contact spots between PC and their temperature rise are analysed and derived based on
the classical electrical contact theory, respectively. The mechanism of spark discharge is
revealed through the analysis of PC voltage difference, and the spark discharge model is
proposed combining with the spot temperature rise formula and spark discharge mecha-
nism. Then, in order to obtain some key parameters in an electric spark discharge model,
such as contact force and contact current, the structure model of PC and the circuit model
of vehicle‐grid are established for the calculation of the spark rate in PC. Finally, the spark
rate is calculated and analysed under the different parameters in PC system. The calculation
results are verified by the experiment results. Through the presentation of the correlation
of electric spark discharge and factors, such as contact force, contact current and material
of PC, this study can support the assessment of electrical contact quality in the PC system
in future study.
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1 | INROTDUCTION

In recent years, the high‐speed and heavy load are the main
trends of electrified railways in China. With the increase of
train speeds, the interaction of pantograph‐catenary (PC),
which is influenced by irregularities of catenary and tracks [1],
catenary defects [2], vibration of pantograph and other factors,
becomes more intense and complex [3]. The electrical contact
state of PC is unstable and the electric spark phenomenon (as
shown in Figure 1) regularly occurs.

The electric spark between PC is a violent discharge phe-
nomenon due to the high voltage of PC system, it is a kind of
arcing phenomenon which will cause burning of contact wire,

over voltage on pantograph and electromagnetic interference
problems of PC system, and it seriously affects the current
collection of PC. Therefore, it is essential to study the mech-
anism and influence of PC electric spark.

In order to ensure the security of PC current collection,
many research studies have been carried out in PC system,
including PC interaction dynamics, PC electrical contact and
PC arc detection. The research studies of PC interaction dy-
namics include the system algorithm of PC [4, 5] and control
strategy of contact force [6, 7], which can provide assessment
of PC current collection quality. For the research studies of PC
electrical contact, Holm analysed the microscopic structure of
contact face and put forward the concept of contact resistance
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[8]; on this basis, many research studies refined the mathe-
matical form of contact resistance [9, 10] and revised the
contact resistance model considering external factors of con-
tact face [11–13]; combined with the electric contact theory
many experiments of PC electrical contact have been carried
out [14–16] and reflected the influence of practical PC factors
on current collection quality. The research studies of PC arc
detection include the methods of data detection [17, 18] and
image detection [19, 20], which can provide forecast for PC
contact failure.

The above research studies provide indirect support for
ensuring PC current collection; however, there are few research
studies on the PC spark phenomenon which directly reflects
the quality of PC current collection. For the spark discharge,
research studies have been carried out include its conditioning
[21], modelling [22] and characteristics analysis [23]; therefore,
they are not suitable for studying the PC spark discharge which
occurs under the PC slide contact with high voltage, high speed
and fluctuant contact force [24].

Aiming at the electric spark phenomenon in the PC elec-
trical contact process, the mechanism of electric spark is dis-
cussed in detail, and the model for electric spark discharge is
built considering practical factors in the PC system. Then, the
spark rate under different conditions of PC system is calculated
and analysed, which can provide an assessment for electrical
contact state of PC system. The main contents of this paper are
shown in Figure 2.

2 | MODELLING OF ELECTRIC SPARK

In order to reveal the mechanism of electric spark discharge in
the PC system, it is very essential to analyse the contact spots
between PC, which are the microstate of PC electrical contact
as well as the temperature rise of contact spots, which is the
cause of spark. During the analysis process, the relevant
formulae are mathematically derived considering practical
factors in the PC system and form the electric spark discharge
model, as described in the following sections.

In electrified railways, trains obtain current through the
contact of PC, as shown in Figure 3a. In the operation of
trains, under the uplift force of pantograph, the pantograph
tightly withstands catenary and the current passes through two
contact surfaces, which forms a process of sliding electrical
contact, as shown in Figure 3b. Due to the irregularity of the

contact material in microcosmic, the contact of PC is realised
by the microcosmic contact spot, as shown in Figure 3c and
Figure 3d.

2.1 | Contact spot and its temperature rise in
pantograph‐catenary system

In the theory of electrical contact, the contact surface of two
solids is rugged on the microstructure, and the contact of two
components is represented as discontinuous spots, which are
formed by an external force acting on the rugged contact
surface [25]. It is obvious that the electrical contact system of
PC has the same microstate, as shown in Figure 3c and
Figure 3d.

According to the electrical contact theory in Ref. [10], the
actual passageways for current are the small conductive spots
named ‘a‐spot’, when the current passes through two com-
ponents. The current lines contract when the current passes
through a‐spot (as shown in Figure 4a), which leads to the
increase of resistance, and the increment of resistance is called
the constriction resistance. The oxide film of the contact sur-
face will affect the formation of constriction resistance and
generate another increment of resistance called the membrane
resistance. The above two resistances form the contact
resistance.

Considering the operation environment of high current in
the PC system, the oxide film will be destroyed in such envi-
ronments [24]; therefore, the membrane resistance can be
ignored and the contact resistance is equal to the constriction
resistance.

The a‐spot has a variety of shapes, which will influence the
contraction of the current and affect the value of contact
resistance. According to the experimental measurement [24] of
contact spots with the same area but different shapes, it is
found that the contact resistance calculated by circular contact
spots is in the middle value, which are considered to be suitable
for engineering calculation. The circular a‐spot is taken as the
basic assumption.

Assume the radius of a‐spot is a/m; in the process of the
current contracting to a‐spot, the equipotential surfaces of two
components near a‐spot are a series of ellipsoids [10] (as shown
in Figure 4b); through integrating the equipotential surface the
contact resistance of a single a‐spot can be calculated as

R¼
ρ
2a

ð1Þ

Considering pantograph‐catenary system, the contact
resistance is

R¼
ρ1 þ ρ2

4a
ð2Þ

where ρ1 and ρ2 are the resistivity of pantograph and catenary,
respectively.

F I GURE 1 Electric spark on pantograph‐catenary
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In the microstructure of PC contact surface, due to the ir-
regularity of the material surface, the contact surface is actually
formed by the contact of irregular hillocks (as shown in
Figure 5a). Under the assumption of circular contact spot, the
shape of hillocks can be regarded as hemispherical [26], and
they are pressed to form circular contact spots under the action
of PC contact force Fn (as shown in Figure 5b and Figure 5c).

F I GURE 2 Main contents of this paper

F I GURE 3 Electrified railway network system
and pantograph‐catenary system

F I GURE 4 A‐spot and its equipotential surfaces

F I GURE 5 Microstructure of pantograph‐catenary contact surface
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Based on the circular a‐spot model, assume that the
number of a‐spot in the PC contact surface is n, and each spot
has the same radius a/m. Considering the order of magnitude
of the distance between each spot in the PC electrical contact
system is much larger than the size of spot itself [24], each
contact resistance of a‐spot can be equivalent to be parallel (as
shown in Figure 6). When the voltage drop of a‐spot is V, the
temperature rise of a‐spot can be expressed by Kohlraush's
equation [27].

V 2 ¼ 8∫ θm
θ0
zðθÞgðθÞdθ ð3Þ

where θm and θ0 are the absolute temperature of a‐spot and
remote regions of conductor, z(θ) is the distribution of material
thermal conductivity with temperature, and g(θ) is the distri-
bution of material electrical resistivity with temperature.

If an approximate calculation is considered [24], the
Wiedemann‐Franz law (the product of electrical resistivity and
thermal conductivity is proportional to the temperature rise z
(θ)g(θ) = Lθ, where the scale factor L is Franz constant) can be
used to simplify the integral of temperature in (3). The
Wiedemann‐Franz law applies to the materials such as copper,
silver and gold and their alloy, which is suitable for the material
of contact wire in the PC system.

Based on the equivalent model of PC contact in Figure 6,
assume the current passing through two conductors is I, and
combining with (2), the voltage drop on a single spot can be
expressed as

V ¼ Rn
I
n
¼

ρ1 þ ρ2ð ÞI
4na

ð4Þ

Considering the microscopic parameter a (radius of a‐spot)
cannot be used for engineering calculation [26], in the contact
system with current, the current density of contact spot can be
used to convert parameter a at the macro level. Based on the a‐
spot model, the current density of each round spot is

J ¼
I

nπa2
ð5Þ

where J is the current density on the contact spot.
Combining (3), (4) and (5), the temperature of contact spot

can be expressed as

θm ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

J ρ1 þ ρ2ð Þ
2πI

64Ln
þ θ20

s

ð6Þ

It can be found from (6) that the temperature rise of
contact spot is mainly influenced by the current density and the
number of a‐spot under the condition of constant current
value, but the current density J on contact spot is difficult to
obtain in the PC system, and considering the feasibility of
engineering calculation, the contact force acting on contact
spot is used to convert the current density [26], which can be
detected and simulated in the PC system.

Considering that the contact surface is formed by force
extrusion of hemispherical hillock of two contact materials (as
shown in Figure 5c), the contact surface conforms to a‐spot
model. According to the definition of material hardness, for
the soft one of two contact conductors, it can be found that

H ¼
Fn
S
¼

F
nπa2

ð7Þ

where Fn and S are the contact force and area of single a‐spot,
F is the contact force of PC, and H is the hardness of the soft
one of two contact conductors.

Combining (5) and (7), and considering the decreasing of
hardness caused by high currents [24], the current density can
be expressed as

J ¼
μIH
F

ð8Þ

where μ is a constant that indicated the hardness reduction.
Combining (6) and (8), it can be found that

θm ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

πμHI2 ρ1 þ ρ2ð Þ
2

64nLF
þ θ20

s

ð9Þ

Based on the above derivation, a temperature rise algo-
rithm (9) of contact spot, which can be used in engineering
calculation is obtained. It can be found that the temperature
rise of contact spot in the PC system is mainly influenced by
contact current I, contact force F, number of contact spot n
and the contact material (hardness H of contact wire and re-
sistivity ρ1 and ρ2 of pantograph and catenary).

2.2 | Mechanism of electric spark discharge
in the pantograph‐catenary system

According to (9) derived in the previous section, the effects of
current and contact force will heat the contact spot. The ab-
solute temperature θm of contact spot will reach the boiling
point of the contact material under certain current value and
contact force value. When the contact spot vaporises, the
electrical contact of two hillocks will be interrupted. In the
above situation, breakdown will occur if voltage difference

F I GURE 6 Equivalent model of a‐spot between pantograph‐catenary
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exists between electric contact; it will cause the arcing phe-
nomenon and combustion, which present as spark discharge.

The experiment of graphite‐copper contact in Ref. [27]
shows the spark discharge will occur under sufficient voltage
difference after contact spot vaporisation, and the voltage is
10–20 V by measurement.

In the traction system of electrified railway, the traction
substation transmits electric energy to train through the PC
system by a 27.5 kV sinusoidal alternating current voltage. If
the contact spots between PC vaporise, the PC will be in a
temporary detachment state until the contact spots regenerate
under the action of relative motion of the PC, as shown in
Figure 7a. Assume the contact spots vaporise at time t0, and
the detachment duration is ∆t; the voltage between PC is
shown in Figure 7b. At the spots vaporise time t0, the voltages

of pantograph slipper and contact wire are at point A in
Figure 7b. Considering the detachment duration ∆t is
extremely short, the voltage of pantograph slipper will be still
at point A during ∆t because of detachment, and the voltage of
contact wire will change to point B because of continuous
power supply by traction substation.

In the process from point A to point B in Figure 7b, a
continuously changing voltage difference ∆Ut will exist be-
tween PC. The maximum value of absolute value of ∆Ut can
be expressed as

ΔUm ¼Um ⋅ maxjsin ωt0ð Þ − sin ω t0 þ Δtxð Þ½ �j ð10Þ

where Um = 27.5 kV, ∆tx∈[0, ∆t], ω = 100π.
If the value of ∆Um can reach the test result of the exper-

iment in Ref. [27], the electric spark discharge between PC will
occur when the contact spots vaporise. Considering the
monotonicity of (10), ∆Um can reach the minimum value when
the value of∆t is minimum. According to the spots regeneration
process in Figure 7a, the minimum value of l0 is the width of the
actual contact surface of PC (25 mm in average), and below the
train speed v0 = 300 km/h, the minimum value of ∆t is about
3 � 10−4s. Under the above parameters, the values of ∆Um
corresponding to all the points of t0 within a cycle of sinusoidal
voltage in Figure 7b are calculated by MATLAB software which
is shown in Figure 8; the time steps of t0 and ∆t are 2 � 10−6s
and 3 � 10−8s, respectively.

It can be found in Figure 8 that the minimum value of the
calculation results of ∆Um is about 21.3 V, which satisfies the
test result of experiment in Ref. [27]. The calculation results
show that the minimum value of ∆Um meets the voltage of
spark discharge, and it can be inferred that the spark discharge
occurs if the contact spots vaporise below the train speed of
300 km/h in the PC system.

Based on the above analysis, the mechanism of electric
spark discharge between PC can be obtained; the process is
shown in Figure 9.

The mechanism of spark discharge in Figure 9 reveals that
the temperature rise of the contact spot is the main factor of
electric spark occurrence, and the (9), which describes that theF I GURE 7 Detachment process and voltage of pantograph‐catenary

F I GURE 8 Calculation results of ∆Um
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temperature rise of the contact spot can serve as the electric
spark discharge model. The electric spark model can determine
the occurrence of spark discharge of PC and calculate the
spark rate under certain parameters of contact current, contact
force and material coefficients in the PC system.

3 | MODELLING FOR PARAMETERS
CALCULATION

The spark rate, which can reflect the frequency of spark
occurrence, is an important factor to evaluate the electrical
contact quality of PC, and in order to calculate the accurate
spark rate through the electric spark discharge model, the
relatively accurate parameters in (9) need to be obtained,
especially contact force and contact current. Therefore, the
dynamic model of pantograph and catenary is established to
obtain the contact force, and the circuit model of vehicle‐grid
is established to obtain the contact current.

3.1 | Dynamic structure model of
pantograph‐catenary

For the pantograph, a lumped‐parameter model is established
to analyse its dynamic behaviours, as shown in Figure 10.

The pantograph is a three‐level model; mi (i = 1,2,3) is the
mass of pantograph head, upper frame and lower frame,
respectively; ki (i = 1,2,3) represents the stiffness of each parts,
ci (i = 1,2,3) denotes the damping, and xi (i = 1,2,3) is the
displacement of each part. The motion equation can be
expressed as

M€xþ C _xþ Kx¼ F ð11Þ

whereM, C and K are the mass, damping and stiffness matrices
of pantograph, respectively. The matrix F represents external
force vectors and contains the contact Fpc and static lift force
F0, as shown in Figure 10.

For the catenary, a non‐linear finite element procedure [28]
is utilised to model its non‐linear behaviours. As shown in
Figure 11, a simple suspension catenary is mainly constructed
by message wire, droppers and contact wire.

The contact wire and messenger wire are modelled by the
non‐linear cable element, which can properly reflect their
geometrical non‐linearities. The droppers are modelled by non‐
linear truss element that can only withstand tension and cannot
be compressed. The equation of motion for the catenary sys-
tem can be expressed by

M1€yþ C1 _yþ K1y¼ F1 ð12Þ

where M1, C1 and K1 are the mass, damping and stiffness
matrices of catenary, respectively, and y is the global
displacement vector.

The interaction between the pantograph and catenary is
realised by means of the penalty function method. A number
of validations for the PC model have been conducted in the
previous studies [29–31]. Here, the verification is presented in
Table 1, which shows the comparison between the simulation
results and EN 50,318.

3.2 | Vehicle‐grid model

The model of vehicle‐grid is built by Simulink, which mainly
considers the vehicle, traction network and AT traction sub-
station in the vehicle‐grid system (as shown in Figure 12).

The model of traction network (as shown in Figure 12) is
established by multiconductor theory, and every electrified line
in a traction network such as contact wire, messenger wire and
rail is considered to be associated with other lines in which the
coupling of inductance between lines is considered. The value

F I GURE 9 Mechanism of electric spark
discharge

F I GURE 1 0 Three‐level model of pantograph
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per unit length of coupling of inductance on each conductor
can be calculated by

l ¼
μ
2π

0

B
B
B
@
ln

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

∏n;m
i¼1;j¼1si;j

ðnþmÞkp
� �n

n�m

r

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi�
∏m
j¼1 r0j

kj 0 ∏m−1;m
j¼1;p>j d0jp

kj 0þkj″
�

m

r

þ ln

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
∏n;m
i¼1;j¼1sij

kp 0n
q ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

∏n;m
i¼1;j¼1sij

kp″m
q

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

∏n
i¼1r1jki

0 ∏n−1;n
i¼0;q>i d1jq

ki 0þki″
� �

n

r

1

C
C
C
A

ð13Þ

where μ is the vacuum permeability, m and n are the number
of transmission and return conductors, s is the distance be-
tween two conductors, r is the radius of the conductor itself,
and k is the current distribution coefficient of every circuit.

The vehicle is modelled based on CRH380BL‐type Electric
Multiple unit (see vehicle in Figure 12 which refers to Ref.
[32]). The vehicle and the grounding device are equivalent to
resistance.

The converter modules including rectifier, inverter and
traction motor are connected to the secondary side of the
on‐board transformer. Especially, the transient direct current
control strategy is used in the rectifier, and according to the
field oriented vector control method, the feedforward volt-
ages of d axis and q axis of the asynchronous motor are
calculated by

U∗
sd ¼ Rsi

∗
sd − ωsLsσi∗sq

U∗
sq ¼ Rsi

∗
sq þ ωsLsi∗sd

(

ð14Þ

where isd∗and isq∗ are the stator current of d axis and q axis,
respectively, Rs is the resistance of each phase winding of
stator, Ls is the self‐inductance of equivalent two phase
winding of stator, and ωs is the magnetic field speed of
rotor. The parameter ωs is directly related to vehicle speed,
and through changing it, the PC currents under different
vehicle speeds can be obtained by simulations. The specific
simulation parameters of vehicle [32, 33] are shown in
Table 2.

4 | CALCULATION AND ANALYSIS OF
ELECTRIC SPARK RATE

According to the modelling and analysis, the occurrence of
electric spark can be calculated. The specific calculation pro-
cess is shown in Figure 13.

In Figure 13, the static parameters Ps include L, μ and θ0 in
(9). The constant is L = 2.54 � 10−8V2deg−2 according to the
Wiedemann‐Franz law. Based on the data from friction ex-
periments in Ref. [24], the hardness reduction constant is
μ = 0.85, and the normal atmospheric temperature is
θ0 = 293.15 K.

The dynamic parameters in Figure 13 contain PC current I,
PC contact force F, material hardness H and material resistivity
ρ. They can be obtained by simulation models established in
the last chapter.

The number of the contact spots n is also a dynamic
parameter. On the contact surface of PC, the minimum
number of the spots is 3 in theory, and no more than 20 in
maximum [34]. The Greenwood‐Williamson model [35] is used
to accurately determine the number of contact spots n; as
shown in Figure 14, if the distance of contact surface and
reference plane in the rough surface is d, there will be contact
at any summit whose height z is greater than d, and the number
of the contact spots n can be expressed as

n¼ N∫ ∞
d φðzÞdz ð15Þ

where φ(z) is the distribution of the height of summits, and N
is the number of the summits. The φ(z) changes with time due

F I GURE 1 1 Suspension model of catenary

TABLE 1 Validation of the pantograph‐catenary model according to
EN 50,318

Statistical index
Ranges of the
standard results

Computation
results

Speed [km/h] 250 300 250 300

Mean contact force (N) 110∼120 110∼120 118.30 118.06

Standard deviation (N) 26∼31 32∼40 26.72 34.87

Max. statistic value (N) 190∼210 210∼230 198.46 222.67

Min. statistic value (N)t 20∼40 −5∼20 38.14 13.45

Max. real value (N) 175∼210 190∼225 191.13 208.04

Min. real value (N) 50∼75 30∼55 65.79 46.76

Max. uplift at support(mm) 48∼55 55∼65 52.06 60.73

Percentage of the loss of contact 0% 0% 0% 0%
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to the relative motion of PC and is difficult to determine
accurately. In engineering calculation, the φ(z) can be replaced
by a normal distribution [24], and combining with the extreme
value of contact spots, the number of the contact spots n is N
(11.5,1).

The parameter θG is the boiling point of contact wire
material in Figure 13, and the parameter p represents every
node in which spot vaporisation and electric spark happens in
the whole calculation process. The electric spark rate ƞ can be
expressed as

η¼
p
k

ð16Þ

4.1 | Influence of pantograph‐catenary
interaction on electric spark

From the perspective of PC relationship, the violent inter-
action of PC, which is mainly caused by irregularity [36],

TABLE 2 Simulation parameters of vehicle

Parameters Value

High voltage cable equivalent resistance 0.014 mΩ/m

High voltage cable equivalent inductance 0.000131093 mH/m

High voltage cable equivalent capacitance 0.00041162 μF/m

Vehicle equivalent resistance 0.225 mΩ/m

Vehicle equivalent inductance 0.001103375 mH/m

Carbon brush resistance 0.05 Ω

Stator resistance 0.15 Ω

Stator self‐inductance 0.02682 H

Voltage proportional parameter 0.45

Voltage integral parameter 2.8

Current proportional parameter 0.65

F I GURE 1 3 Calculation flow of electric spark occurrence

F I GURE 1 2 Vehicle‐grid model
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leads to the electric spark during trains' operation. Under the
condition that pantograph and catenary keep contact, the
contact force can reflect the irregularity of PC. Based on the
PC dynamic structure model, an irregularity parameter is
introduced into the simulation in order to obtain different
contact forces under the influence of irregularity. Irregularity
parameters are expressed as [37],

yðkÞ ¼
1
2
A 1 − cos

2πx
λ

� �� �

ð17Þ

where A is the amplitude, and λ is the wavelength of irregu-
larity wave.

During the process of simulation, the amplitude A in (16)
is used to express varying degrees of irregularity, and the
contact force F(k) obtained by simulation is substituted into
the flow of Figure 13 as a dynamic parameter for calculation.
Calculation results are shown in Figure 15a. The specific
calculation parameters are A1 = 0.0005 m, A2 = 0.001 m,
A3 = 0.0015 m, I = 300A as a static parameter, and
H = 360 Mpa as a static parameter, respectively. Calculation
results are shown in Figure 15b and Table 3.

It can be found in Figure 15a and Table 3 that a higher
irregularity tends to cause a higher fluctuation and standard
deviation of contact force, which is essentially the decrease of
stability of contact force. In the above situation, the contact
force is more likely to reach a lower value. Based on (9), the
temperature of spots θm is more likely to rise to the boiling
point of conductor material, and it will cause a higher spark rate
in the above situation, as shown in Figure 15b and Table 3.

From the perspective of PC operating environment, the
environmental wind is also a main factor affecting PC inter-
action [38], which leads to the electric spark. The wind‐induced
vibration of catenary is considered in the PC dynamic structure
model in order to analyse the influence of PC interaction under
different conditions of environment wind (including wind
speed vw and wind attack angle θA). The conditions of envi-
ronment wind are listed in Table 4.

As the same with the calculation process of irregularity
influence on the spark rate, the contact force F(k) under
different wind conditions is obtained and substituted into the
flow of Figure 13 as a dynamic parameter; other calculation
parameters are A = 0m, I = 300A and H = 360Mpa as a static
parameter, respectively. Calculation results are shown in
Figure 16 and Table 5.

The calculation results in Figure 16 and Table 5 indicate
that the increase of wind speed and wind attack angle leads to
the increase of standard deviation of contact force and leads to
a higher spark rate in the PC system.

4.2 | Influence of pantograph‐catenary
current on electric spark

From the perspective of train operation state, different train
speed or process of acceleration and braking will influence the
current between pantograph and catenary, and the spark rate
will be influenced according to Equation. (9).

The model in Figure 12 is used to simulate the PC current,
and 10 continuous states of train operation (T1‐T10) are
considered. The train accelerates from standstill to 119 km/h
in T1 and moves uniformly under the speed of 119 km/h in T2,
then slows down from 119 km/h to 89 km/h in T3, and then
keeps uniform speed under 89 km/h in T4. Afterwards, the
train accelerates from 89 km/h to 178 km/h in T5 and moves
uniformly under the speed of 178 km/h in T6. After that, the
train slows down from 178 km/h to 105 km/h in T7 and then
keeps uniform speed under 105 km/h in T8, then slows down
from 105 km/h to 0 km/h in T9, and finally keeps standstill in
T10 (the power supply is not stopped). The simulation results
of PC current are shown in Figure 17.

The results of PC currents are substituted into the flow of
Figure 13 as the dynamic parameter I(k), and the other pa-
rameters are A = 0.001 m as a static parameter and
H = 360Mpa as a static parameter. The calculation results of
the spark rate are shown in Figure 18 and Table 4.

Comparing the calculation results in Figure 18a and
Figure 18b, it is obvious that the spark rates under acceleration
and braking of train operation are much higher than those
under uniform speed. In the situation of variable speed of train
operation, large acceleration and deceleration will lead to the
high spark rate. In the situation of uniform speed of train
operation, the spark rate will increase with the train speed.

Table 6 shows the spark rate corresponding to the average
current of each continuous state of train operation, and the
average spark rate will increase dramatically as average current
increases. Combining with the above results, it can be inferred
that the change of train running state and speed will lead to the
increase of contact current, which will also lead to the increase
of spark rate.

4.3 | Influence of contact wire material

From the perspective of material, the engineering test shows
that replacing the material of contact wire will improve the
spark rate in the PC system [39]. Based on (9), the influence of
contact wire material is expressed by hardness H and resistivity
ρ of contact wire and pantograph head. The resistivity should
have a more dramatic influence on the spark rate, but the

F I GURE 1 4 Contact of rough surfaces
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resistivity of slide plate of pantograph is much bigger than the
resistivity of contact wire so that the resistivity can hardly affect
the results in this calculation.

The contact wire in the electrified railway system is mainly
made by copper alloy at present. Nine kinds of representative
contact wire are used to calculate the spark rate, including
copper‐silver alloy, copper‐tin alloy, copper‐cadmium alloy,
copper‐magnesium alloy and copper‐zirconium alloy. The
hardness of the materials is listed in Table 7 and substituted
into the flow of Figure 13. As the dynamic parameters,
A = 0.001 m and I = 300A as the static parameters. Calculation
results of the spark rate are shown in Table 7 and Figure 19.

F I GURE 1 5 Calculation results of electric spark rate under different irregularities

TABLE 3 Calculation results of average
spark rate corresponding to contact force

Irregularity A/m Standard deviation of contact force Average value of spark rate ƞ

0.0005 92.99 0.0252

0.001 97.79 0.0291

0.0015 105.21 0.0327

TABLE 4 Conditions of environment wind

Condition Wind speed vw/m⋅s−1 Wind attack angle θA/°

W1 20 20

W2 20 40

W3 20 60

W4 30 20

W5 30 40

W6 30 60

ZHOU ET AL. - 137

 20429746, 2022, 2, D
ow

nloaded from
 https://ietresearch.onlinelibrary.w

iley.com
/doi/10.1049/els2.12043 by N

T
N

U
 N

orw
egian U

niversity O
f Science &

 T
echnology/L

ibrary, W
iley O

nline L
ibrary on [20/01/2023]. See the T

erm
s and C

onditions (https://onlinelibrary.w
iley.com

/term
s-and-conditions) on W

iley O
nline L

ibrary for rules of use; O
A

 articles are governed by the applicable C
reative C

om
m

ons L
icense



It can be seen from Figure 19 that the material attribute of
contact wire will affect the spark rate, and the two kinds of
copper‐zirconium alloys have relatively high spark rates while
the copper‐silver alloys have relatively low spark rates. Based
on Equation. (9), the alloy has higher hardness which causes a
higher spark rate.

5 | VERIFICATION

The experiment results from Ref. [16] are used to verify the
validity of the electric spark discharge model built. In Ref. [16],
a scale‐down system, which simulates the interaction of PC is
established to analyse the electric contact characteristics of PC.

The values of contact resistance under different contact force
and contact current are measured by the experiment, as shown
in Figure 20a.

In order to make the same conditions as the experiment,
the material parameters of PC system and the dynamic range of
contact current and contact force, which are the same with the
experiment, are considered in the verification calculation, as
shown in Table 8. Based on the electric spark discharge model
in chapter II and the data of contact force and contact current
in chapter IV, the values of contact resistance are calculated;
the calculation results are shown in Figure 20b.

It can be found in Figure 20 that the contact resistance
results calculated by the electric spark discharge model under
the same conditions with the experiment matches well with the

F I GURE 1 6 Calculation results of the electric spark rate under different environment wind

TABLE 5 Calculation results of the
average spark rate corresponding to contact
force

Condition Standard deviation of contact force Average value of spark rate ƞ

W1 82.32 0.0189

W2 112.45 0.0371

W3 158.79 0.0648

W4 96.16 0.0274

W5 168.02 0.0708

W6 204.57 0.0925

0 0.2 0.4 0.6 0.8 1 1.2 1.4 1.6 1.8 2
x 105

-500
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500
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F I GURE 1 7 Contact current between pantograph and catenary
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results in experiment; the average error is 4.88% and the
maximum error is 8.71%. The contact resistance is the key
parameter, which reflects the state of electrical contact directly.
The comparison result in Figure 20 indicates that the electric
spark discharge model established is effective in analysing the
PC electrical contact problem.

6 | CONCLUSION

Aiming at the electric spark phenomenon between pantograph
and catenary in electrified railways, this paper studies electric
spark discharge between PC during train operation. The con-
clusions are listed as follows:

F I GURE 1 8 Calculation results of the electric spark rate under different current

TABLE 6 Calculation results of the average spark rate corresponding to contact current

Continuous state of train operation Average value of contact current/A Average value of spark rate ƞ

T1 146.75 0.01896

T2 65.49 0.00198

T3 161.48 0.03625

T4 54.78 0.00148

T5 303.21 0.15005

T6 92.12 0.00454

T7 324.09 0.19297

T8 59.18 0.00152

T9 139.68 0.01743

T10 42.79 0.00086
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TABLE 7 Calculation results of the
average spark rate corresponding to the
contact material

Contact wire type Hardness/Mpa Average value of spark rate ƞ

Cu‐0.1Ag (M1) 367 0.0324

Ag‐0.07Sn‐Cu (M2) 409 0.0384

Cu‐Cd (M3) 457 0.0467

Cu‐0.7Cd (M4) 413 0.0402

Cu‐Mg (M5) 490 0.0502

Cu‐0.6 Mg (M6) 500 0.0520

Cu‐0.31Cr‐0.07Zr‐0.02Si (M7) 555 0.0613

Cu‐Cr‐Zr (M8) 620 0.0719

Cu‐0.1Ag‐Zr (M9) 580 0.0648

F I GURE 1 9 Calculation results of the electric spark rate under different materials

F I GURE 2 0 Contact resistance results in
experiment and by the spark model

140 - ZHOU ET AL.

 20429746, 2022, 2, D
ow

nloaded from
 https://ietresearch.onlinelibrary.w

iley.com
/doi/10.1049/els2.12043 by N

T
N

U
 N

orw
egian U

niversity O
f Science &

 T
echnology/L

ibrary, W
iley O

nline L
ibrary on [20/01/2023]. See the T

erm
s and C

onditions (https://onlinelibrary.w
iley.com

/term
s-and-conditions) on W

iley O
nline L

ibrary for rules of use; O
A

 articles are governed by the applicable C
reative C

om
m

ons L
icense



(1) The mechanism of electric spark discharge is analysed
combined with the classical electrical contact theory and
practical factors of the PC system. It shows that the
vaporisation of contact spots causes the interruption of PC
contact, and forms the electric spark discharge under the
action of voltage difference in the PC system. The electric
spark discharge model is proposed combining with the
spark discharge mechanism and spot temperature rise
formula, which can be used to determine the occurrence
of spark discharge of PC and calculate the spark rate.

(2) Through the calculations of the electric spark discharge
model, the results show the factors, including contact
force, contact current and contact material, which corre-
sponding to different operation status and configuration of
train, have different influence degrees on spark discharge.

This study not only reveals the mechanism of electric spark
and its influence factors but also provides theoretical supports
on assessment of PC electrical contact quality and guidance of
operation and design on the vehicle‐grid system.

7 | DISCUSSION

Electric spark phenomenon occurs frequently in the PC system,
which directly affects the PC current collection quality. This
paper makes a mechanism analysis and modelling of PC electric
spark, which is not involved in the previous research studies of
PC current collection quality, and calculates the PC spark rate
combining with practical factors of PC, which are not consid-
ered in the previous research studies of spark discharge. This
paper makes some simplifications in the process of theoretical
derivation; a more accurate spark model would be obtained if
detailed conditions are considered such as various spot shapes
and distributions. Moreover, there may be other factors which
affect the occurrence of spark such as PC operation environ-
ment and PC interaction, and more results about PC electric
spark may be found if they are taken into consideration.
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